Shift 
Introduction.
The inner-outer factorization problem for bounded analytic functions on a disk, the factorization problem for nonnegative functions on a circle, and Szegö's infimum problem are known to be equivalent to factorization and extremal problems for analytic and Toeplitz operators, i.e. We obtain an inner-outer factorization theorem, a weak form of Beurling's theorem for isometries, characterizations of products AA and A A, and a generalized form of Szegö's infimum for T.
The treatment of these problems for the shift case can be found in Moore [3] and Rosenblum and Rovnyak [7] (other sources are cited in [3] , [7] (i) T = A A for some (V., VA)-analytic operator A e%(si., siA),
(ii) there is an operator C £ $(K., siA such that C\iT'2si.)~ is oneto-one and CT'2 is (V., V A-analytic, and (Hi) uT <u2.
In this case we can write T = C C where C is ÍV., V A-outer.
Condition (iii) generalizes
Lowdenslager's condition for the shift case.
See [7, p. 192 ]. 
